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In [1] Chowla asserts without proof that if p=1 (mod k)
is a prime satisfying (g) = 1, then
p-1
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=2a -1,

where p = a.2 + b2, a= —(%) (mod 4), b = 0 (mod 2). We give a simple proof
of the evaluation S = 2@, - (%) , for any prime p =1 (mod 4). Let P denote
a complete residue system modulo p and define w by w2 = -1 (mod p). The

mapping n - # (taken modulo p) is a bijection from P - (2w} to

-
P - (0O}, which sends 6nh + lln3 + 6n2 +nh-o E@d(nri—+2])-% . Hence we have
1
g = P;;l (6nh + l.'l_n3 + 61:12 + n) _ P;'l En—(-—%(wnn:.?) ) - (E) P;l (ngn'? +.12}
n=l P n=0 P P/ 6 P ’
n¥2w n#2w
that is
2\ Pt 21 6
o=@ (@),

as (%) = (%) (since 2w= (1 +w)° (uod p)). The sum T = :};:;L) (n §n2p+ 12)

is a Jacobsthal sum whose value is given by T = 25.1, where p = a.JE. + bi )

p!

and the result follows.

-1 (mod k), b, =0 (mod 2) (see [2:(6.1), (6.2)]). Clearly a = (—E)al
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